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POLARISCOPE STRESS MEASUREMENT 
TOOL AND METHOD OF USE 
CROSS-REFERENCE TO RELATED 
APPLICATIONS 
2 
stress usually involves knowledge of the temperature profile, 
as seen in the work of Bhihe et al. and Lambropoulos et al. 
The ensuing thermal processing in cell manufacturing, such 
as oxidation and diffusion, may also introduce non-uniform 
heating and cooling that results in a substantial thermal gra-
dient and may introduce additional residual stresses. A com-
bination of thermal and mechanical stresses caused during 
production is frozen into the wafers in the form of strain, 
which can be reduced but not completely removed by post 
This patent application is a continuation of U.S. patent 
application Ser. No. 13/233,973 filed on Sep. 15, 2011, now 
U.S. Pat. No. 8,264,675, which claims the benefit of U.S. 
Provisional Patent Application No. 61/485,401 filed on May 
12, 2011. Both of these patent application documents are 
incorporated herein by reference in their entireties. 
10 growth annealing. 
BACKGROUND OF THE INVENTION 
Residual stresses may enhance the performance of a 
mechanical structure and the effects of residual stresses on 
fatigue are covered in detail elsewhere. Residual stresses can 
raise or lower the mean stress experienced over a fatigue cycle 
1. Field of the Invention 
The present invention relates to a tool for and method of 
measuring, and, more particularly, the present invention 
relates to in situ, non-destructive determination of the full 
stress components for thin, flat crystalline solids using 
poliariscopy. 
15 and an example of how this influences metal structures can be 
seen in the improvement of the fatigue life. The static loading 
performance of brittle materials can be improved markedly 
by the use of residual stresses. Common examples include 
thermally toughened glass and pre-stressed concrete. For 
2. Description of the Related Art 
The photovoltaic (PV) industry uses single crystal and 
polycrystalline silicon in the manufacturing of PV modules. 
Single crystal wafers are usually grown from a liquid melt 
into ingots by the Czochralski (CZ) method as shown in FIG. 
20 plastically deformable materials, the residual and applied 
stresses can only be added together directly until the yield 
strength is reached. In this respect, residual stresses may 
accelerate or delay the onset of plastic deformation. 
In many cases, unexpected failure occurs due to the pres-
25 ence of residual stresses that have combined with the service 
1. The Czochralski method is used for high volume produc-
tion of single crystal silicon. A crystal is "pulled" out of a 
vessel containing liquid silicon by dipping a seed crystal into 
the liquid which is subsequently slowly withdrawn at a sur- 30 
face temperature of the melt just above the melting point. The 
diameter of the ingot is determined by the pulling rate and the 
temperature profile. 
Multi crystalline silicon is produced by a number of dif-
ferent methods, including the edge-defined film growth 35 
(EFG) method and casting. Wafers produced by the EFG 
method use a die to define the thickness of the produced 
silicon wafer as shown in FIG. 2. By adjustment of the tem-
perature profile of the graphite die, the silicon sheet crystal-
lizes with large grains. Usually the shape of the ingot pro- 40 
duced by the EFG method is large polygons. Recently the 
technique has been used to produce large cylinders of mate-
rial as shown in FIG. 3. The large cylindrical material needs to 
be flattened out for further processing. 
Casting is also used to produce multi crystalline silicon. In 45 
the photovoltaic industry, about 60% of solar cells are made 
from cast wafers with a typical efficiency of 13-16.5%. Multi 
crystalline silicon is usually cast in a fused silica crucible 
supported by graphite as shown in FIG. 4. Typically, crystal-
lization starts at the bottom of the crucible where the tern- 50 
perature is lowered below the melting temperature (1450° C.) 
of silicon. 
After casting, silicon wafers are produced by sawing. 
stresses to shorten component life. Furthermore, in natural or 
artificial multiphase materials, residual stresses can result in 
differences in thermal expansion, yield stress, and stiffness. 
Residual stresses in silicon may cause mechanical failure 
during processing and change the optical or electrical prop-
erties of the wafer. Tensile residual stresses in silicon will lead 
to crack growth and reduced electron-hole lifetime and wafer 
breakage. High tensile stresses will also cause unexpected 
failure during processing of cells when service stresses are 
introduced. Furthermore, the regions close to the wafer edges 
may contain micro-cracks which will eventually propagate 
and fracture the cell in handling during subsequent device 
fabrication since cracks will propagate in the region of tensile 
residual stresses. 
As strain due to thermal gradient is introduced during 
growth, the crystal will relieve the residual stresses by the 
generation and propagation of dislocations. The relationship 
between residual stresses and dislocation density in silicon 
wafers was studied by V. Garcia and an inverse correlation 
was found between residual stresses and dislocation etch pits. 
It is believed that this will eventually impact the lifetime and 
thus the efficiency of photovoltaic cells. As the sheet becomes 
thinner, the grown-in residual stresses, coupled with the 
stresses imposed during manufacturing, present a formidable 
challenge. There has been a significant effort to develop non-
destructive techniques that expose the in-plane residual 
stresses, but that prior work is neither fast enough nor sensi-
tive enough to implement in the manufacturing of solar cells. 
All stress measurement techniques can be divided into one Microelectronic circuits or photovoltaic devices are fabri-
cated on these substrates through various chemical, physical, 
and thermal processes. 
During the growth of EFG silicon, the temperature of the 
silicon melt is typically in the range of 1450° C., and it drops 
to room temperature within 0.5 m from the solid-melt inter-
face. Therefore, a high thermal gradient is unavoidable at the 
solid-melt interface. A similar situation occurs during the 
crystallization of cast wafers as shown in FIG. 4. Thermal 
gradients cannot be removed completely, although tech-
niques such as heat exchange method (HEM) systems can 
reduce the thermal gradient. The magnitude of the thermal 
stresses is approximately proportional to the curvature of the 
temperature profile. For this reason, modeling of residual 
55 of two classes: one measures actual strain, and the other 
measures changes in strain. Residual stress measurement 
techniques may also be classified by whether the technique is 
destructive or non-destructive. The choice of a measurement 
technique should be based on the kind of information needed 
60 so it is important to recognize the limitations of each tech-
nique. Non-destructive methods are needed for in situ quality 
monitoring for photovoltaic processing. The most commonly 
used non-destructive methods are x-ray diffraction, ultra-
sonic microscopy, shadow Moire, neutron diffraction, and 
65 photo elasticity. 
X-ray diffraction detects the strain-induced changes in the 
crystal lattice, which can then be used to obtain the residual 
US 8,537,342 B2 
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stresses. The sensitivity of this technique is reported to be 
around 10 MPa. X-ray diffraction measures strains within the 
surface depending on the x-ray source. Penetration of the 
specimen by the x-ray beam is related to a number of factors, 
including material density and beam energy. Generally 
speaking, the information in the diffracted beam comes from 
a volume that is about 8 to 20 µm below the surface, and the 
volume is always slightly larger than the beam size due to 
scattering. 
4 
polarized and gets resolved along the two principal stress 
directions and each of these components experiences differ-
ent refractive indices. The difference in the refractive indices 
leads to a relative phase difference between the two compo-
nent waves, which is usually called phase retardation as 
shown in FIG. 5, where H indicates horizontally polarized, V 
indicates vertically polarized, and ll indicates phase retarda-
tion. The magnitude of the relative retardation is given by the 
stress optic law. 
Photoelasticity can be applied to three and two dimen-
sional states of stress. However, the application of photoelas-
ticity to the two dimensional plane stress system is much 
easier to analyze, especially when the thickness of the sample 
is much smaller as compared to dimensions in the plane. In 
this case, stresses act only in the plane of the solid, as the other 
stress components are zero. The experimental setup to evalu-
ate photoelastic behavior varies from experiment to experi-
ment, but the two basic kinds of setup used are the plane 
polariscope and circular polariscope. 
A commonly used technique to obtain the photoelasticity 
parameters using a polariscope is phase stepping. The phase 
stepping concept for photoelasticity was first introduced by F. 
Ultrasonic microscopy refers to the measurement of 10 
residual stresses by the propagation of acoustic waves in a 
medium under different stresses. Changes in ultrasonic speed 
can be observed when a material is subjected to stress, the 
changes providing a measure of the stress averaged along the 
wave path. The acoustoelastic coefficients necessary for the 15 
analysis are usually calculated using calibration tests. A main 
difficulty of this technique is that the relative change in wave 
speed is very small, typically of the orderoflo-1 MPa- 1 . The 
method provides a measure of the macro-stresses over large 
volumes of material. Ultrasonic wave velocities can depend 20 
on micro-structural inhomogeneities, and there are difficul-
ties in separating the effects of multi-axial stresses. There-
fore, acoustoelastic microscopy is especially useful in mate-
rials uniform both in micro structure and composition, such as 
single crystal silicon. 25 Hecker and B. Morche, who used plane and circular polari-
scopes to extract the isochromatic and isoclinic angles, 
respectively. The stepping technique records multiple images 
comprising individual picture elements or pixels. The number 
Shadow Moire can detect the residual stresses in circular or 
rectangular plates. The technique depends on deforming a 
sample and then comparing the deformation to an analysis 
and deflection. S. Danyluk and his research group have devel-
oped the analytical theory for beam, rectangular and circular 
plates and used this analysis to extract residual stresses from 
the displacement measured by shadow Moire. The limitation 
30 of images recorded is normally three to ten images or steps, 
corresponding to different alignments of optical components 
in the polariscope and uses the image intensities to solve for 
the photoelastic parameters for each pixel. Calibration meth-
ods using applied known stresses (four point bending) and 
of this method is that a certain profile needs to be assumed for 
the residual stresses. For example, an axis-symmetrical pro-
file is assumed for circular plate. Since the residual stresses 
are forced to comply with the assumed profile, this technique 
is not sensitive to the local stress concentrations. 
35 full-field illumination have been used to calibrate the stress 
Neutrons have an advantage over x-rays since the wave-
lengths are comparable to the atomic spacing and their pen-
etration into engineering materials is typically many centi- 40 
meters. The technique allows for collection of a full stress 
tensor, or simple tri-axial stresses, depending on how many 
vectors are measured. Beam penetration is about 152 mm in 
aluminum, 38 mm in iron and steel, and varies significantly in 
materials such as titanium and zirconium. Unfortunately, 45 
since this technique requires a nuclear reactor to supply the 
neutrons, its use is limited by access to these facilities, and the 
technique can be prohibitively expensive. 
Photoelasticity is an experimental method to determine the 
stress distribution in a material where mathematical methods 50 
optic coefficients, increase system resolution, and produce 
full field stress. 
SUMMARY OF THE INVENTION 
The present invention provides an infrared transmission 
technique to extract the full stress components of the in-plane 
residual stresses in thin, multi crystalline silicon wafers 
including in situ measurement of residual stress for large cast 
wafers. Previous research has built a circular polariscope 
system to measure the maximum shear stress in silicon 
wafers. The resolution of such systems typically is about 1.2 
MPa. This invention provides a new polariscope system that 
is capable of full-field measurement of wafers as large as 156 
mmx156 mm, and is fundamentally capable of measuring 
much larger wafers being limited only by the optical design of 
the polariscope. A new anisotropic stress optic law is pro-
become quite cumbersome. Unlike the analytical methods of 
stress determination, photoelasticity gives a fairly accurate 
picture of stress distribution even around abrupt discontinui-
ties in a material. The method serves as an important tool for 
determining the critical stress points in a material and is often 
used for determining the stress concentration factors in 
irregular geometries. 
55 vided, and stress optic coefficients are calibrated for different 
crystal grain orientations and stress orientations in the silicon 
wafer. The relative magnitude of the maximum stress optic 
coefficients is observed to be approximately 1.7 times the 
observed minimum. 
The method is based on the property of birefringence, 
which is exhibited by certain transparent materials. Birefrin-
gence is a property where a ray of light passing through a 60 
material experiences two refractive indices. The property of 
birefringence or double refraction is exhibited by many opti-
cal crystals, but photoelastic materials exhibit the property of 
birefringence only on the application of stress and the mag-
nitude of the refractive indices at each point in the material is 65 
directly related to the state of stress at that point. When a ray 
of light passes through a photoelastic material, it becomes 
System ambiguity at the boundaries is resolved completely 
by introducing a new function. The shear difference method is 
used to obtain full stress components by integrating the shear 
stress map from the boundaries. The integration error is 
observed to be approximately 1 MPa within 10 mm from the 
starting point of the integration. This was verified by calibra-
tion using a CZ single crystal wafer beam loaded in four point 
bending. 
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DESCRIPTION OF THE DRAWINGS 
The present invention is described with reference to the 
accompanying drawings, wherein: 
FIG. 1 illustrates the Czochralski method of producing 5 
single crystal wafer growth; 
FIG. 2 illustrates wafers produced by the edge-defined film 
growth; 
6 
FIG. 36 illustrates the position of the beam in the polari-
scope system of FIG. 35; 
FIG. 37 illustrates a phase map of a four point bending 
beam cut from a CZ silicon wafer; 
FIG. 38 illustrates the stress optic coefficients along the 
radius of the phase map of FIG. 27; 
FIG. 39 illustrates data fitting of the stress optic coeffi-
cients for the polariscope system of FIG. 35; 
FIG. 3 illustrates large thin-walled cylinders grown by 
edge-defined film growth process; 
FIG. 4 illustrates the casting of multi crystalline silicon in 
FIG. 40 illustrates light paths through the polariscope sys-
lO tern of FIG. 35; 
a fused silica crucible; 
FIG. 5 illustrates the effect of birefringence; 
FIG. 6 illustrates Snell's Law ofrefraction and reflection; 
FIG. 7 illustrates the passage oflight through an anisotro- 15 
pie crystal media; 
FIG. 8 illustrates light passing through a single crystal 
silicon four point bending beam; 
FIG. 9 illustrates a simple cubic atomic arrangement of 
atoms and the strain under bending for the beam of FIG. 8; 20 
FIG. 10 illustrates a light transmission intensity image of 
the pure bending region for the beam of FIG. 8; 
FIG. 11 illustrates the photoelastic fringes of a polymeric 
disk under compression; 
FIG. 12 illustrates a demonstration of light transmissions 25 
through stressed multi crystalline silicon; 
FIG. 13 illustrates the transmission spectrum of silicon; 
FIG. 14 illustrates the band gap of a semiconductor; 
FIG. 15 illustrates a circular polariscope; 
FIG. 16 illustrates the relationship between power and 30 
wavelength in a tungsten light source; 
FIG. 17 illustrates a computer screenshot image of the 
image grabbing program; 
FIG. 18 illustrates a flow chart for a method of using a 
polariscope to measure the full stress components in crystal- 35 
line silicon; 
FIG. 19 illustrates the principle of Bragg's Law; 
FIG. 20 illustrates an optical image of the multi crystalline 
silicon wafer beam; 
FIG. 21 illustrates orientation frequency versus crystal 40 
grain orientations; 
FIG. 22 illustrates the four point bending setup; 
FIG. 23 illustrates a multi crystalline bending wafer beam 
in the polariscope; 
FIG. 24 illustrates phase retardation and isoclinic angle of 45 
a bending cast wafer beam; 
FIG. 25 illustrates the phase retardation and isoclinic angle 
of grain 14 of FIG. 23; 
FIG. 26 illustrates the least square fit for the retardation of 
grain 14 of FIG. 23; 50 
FIG. 27 illustrates a transmission image of a (100) single 
crystal silicon wafer; 
FIG. 28 illustrates a transmission image of a (111) single 
crystal silicon wafer; 
FIG. 29 illustrates a typical infrared transmission intensity 55 
image of a multi crystalline silicon wafer; 
FIG. 30 illustrates a photograph of a multi crystalline sili-
con wafer beam; 
FIG. 31 illustrates an infrared transmission intensity image 
of the multi crystalline silicon wafer beam of FIG. 30; 60 
FIG. 32 illustrates the crystal structure of silicon for the 
(100) orientation; 
FIG. 33 illustrates the crystal structure of silicon for the 
( 110) orientation; 
FIG. 34 illustrates the crystal structure of silicon for the 65 
( 111) orientation; 
FIG. 35 illustrates a polariscope of the present invention; 
FIG. 41 illustrates a stress map of a 100 mmxl 00 mm EFG 
silicon wafer; 
FIG. 42 illustrates a light transmission image of a 100 
mmxlOO mm EFG silicon wafer; 
FIG. 43 illustrates a stress map of a 156 mmx156 mm cast 
silicon wafer; 
FIG. 44 illustrates a light transmission image of a 156 
mmx156 mm cast silicon wafer; 
FIG. 45 illustrates stress measured by a typical polari-
scope; 
FIG. 46 illustrates stress measured by the polariscope of 
FIG. 35 for the same sample as FIG. 45; 
FIG. 47 illustrates a demonstration of the system ambiguity 
away from the edges; 
FIG. 48 illustrates the two stress states at the boundary; 
FIG. 49 illustrates a three dimensional plot of the arctan 2 
function; 
FIG. 50 illustrates a phase map calculated by the arctan 2 
function; 
FIG. 51 illustrates the principal stress orientation calcu-
lated by the arctan 2 function; 
FIG. 52 illustrates boundary conditions of a 156 mmxl 56 
mm cast silicon wafer; 
FIG. 53 illustrates bending stresses in a CZ silicon beam as 
measured by polariscope of FIG. 35; 
FIG. 54 illustrates shear stresses in the xy plane; 
FIG. 55 illustrates normal stresses ax in xy plane; 
FIG. 56 illustrates normal stresses aY in xy plane; 
FIG. 57 illustrates residual shear stresses and shear stresses 
inxyplane; 
FIG. 58 illustrates residual normal stresses in the xy plane; 
FIG. 59 illustrates the total shear stresses and correspond-
ing shear stresses in xy plane; 
FIG. 60 illustrates the total normal stresses in xy plane; 
FIG. 61 illustrates four point bending stresses calculated by 
the shear difference method; 
FIG. 62 illustrates the maximum shear stresses and shear 
stresses for a 156 mmx156 mm cast silicon wafer; 
FIG. 63 illustrates normal stresses in x and y direction; 
FIG. 64 illustrates temperature as a function of time for a 
node at the center of a silicon wafer; 
FIG. 65 illustrates the temperature profile of a 156 
mmx156 mm wafer measured by a thermal camera; 
FIG. 66 illustrates the thermal normal stresses in x direc-
tion; 
FIG. 67 illustrates the thermal normal stresses in y direc-
tion; 
FIG. 68 illustrates the thermal shear stresses in xy plane; 
FIG. 69 illustrates the light path through the circular polari-
scope of FIG. 35; 
FIG. 70 illustrates a collimated light spot between the two 
lenses of the polariscope of FIG. 35; 
FIG. 71 illustrates the reflected light pattern of the different 
optics of the properly aligned polariscope of FIG. 35; 
FIG. 72 illustrates an airy disk of the aligned polariscope of 
FIG. 35; 
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FIG. 73 illustrates the first image of a six phase stepping 
method for the polariscope of FIG. 35; 
FIG. 74 illustrates the second image of a six phase stepping 
method for the polariscope of FIG. 35; 
FIG. 75 illustrates a light intensity image of a CZ silicon 
wafer taken by the polariscope of FIG. 35; 
FIG. 76 illustrates camera responses using a high camera 
gain with the polariscope of FIG. 35: 
FIG. 77 illustrates camera responses using a medium cam-
era gain with the polariscope of FIG. 35: 
FIG. 78 illustrates camera responses using a low camera 
gain with the polariscope of FIG. 35: 
FIG. 79 illustrates an image taken by the camera of the 
polariscope of FIG. 35 before adjusting the camera response; 
FIG. 80 illustrates an image taken by the camera of the 
polariscope of FIG. 35 after adjusting the camera response; 
FIG. 81 illustrates the maximum shear stresses taken by the 
camera of the polariscope of FIG. 35 before adjusting the 
camera response; 
8 
of the polariscope). This technique measures the stress-in-
duced birefringence, which is proportional to the magnitude 
of the residual stresses, by evaluating the change in the polar-
ization state of the transmitted light using a stepping method 
that measures transmitted light intensity at a number of dif-
ferent optical arrangements. The residual stresses are deter-
mined from an expanded anisotropic stress optic law. This 
technique senses strain in the silicon wafer directly as 
opposed to Shadow Moire, whose accuracy is often deterio-
10 rated by the differentiation of the measured displacement. 
Furthermore, the present invention makes use of the phase-
stepping technique, which provides a fast and automatic way 
to extract the principal shear stress and its orientation. System 
ambiguities are resolved by introducing a new function. A 
15 new system setup was built to enable the measurement of full 
field wafers as large as 156 mmx156 mm. Furthermore, the 
inventive system can capture the whole wafer image includ-
ing the edges, enabling accurate determination of boundary 
FIG. 82 illustrates the maximum shear stresses taken by the 20 
camera of the polariscope of FIG. 35 after adjusting the 
conditions for stresses at the edge of the silicon wafer. Finally, 
using the shear difference method, the full stress components 
are calculated from the photoelasticity parameters. 
camera response; 
FIG. 83 illustrates a phase map of a stress-free silicon 
wafer measured by the polariscope of FIG. 35; 
FIG. 84 illustrates a phase map of a CZ silicon single 
crystal; 
FIG. 85 illustrates a phase map a CZ silicon cast wafer; 
FIG. 86 illustrates a stress map of the CZ silicon single 
crystal of FIG. 84 after eliminating system error; and 
FIG. 87 illustrates a stress may of the CZ silicon cast wafer 
of FIG. 85 after eliminating system error. 
While the drawings presented herein are in black and white 
to comply with pertinent rules and regulations, it is more 
preferable to use color images to more clearly present the 
image information. 
DETAILED DESCRIPTION OF THE INVENTION 
This instant invention is directed to a tool for and method of 
The present invention provides a robust, non-destructive 
optical method to determine the stress state in a whole field 
view of a thin silicon sheet. The first step in obtaining full 
25 components of the stresses from the measured maximum 
shear stresses is to resolve the ambiguity of the photoelastic 
parameters, including isoclinic and isochromatic phase maps. 
A six step or ten step phasing method is used to extract the 
photoelastic parameters from the measurement. The isoclinic 
30 angle is extended from [-it/4, Jt/4] to [-Jt/2, it/2] using the 
arctan 2 function. Applying the shear difference method, the 
full components of stresses can be then found by accurately 
introducing the boundary conditions. 
When light passes through a homogeneous isotropic 
35 media, such as glass, it is governed by Snell's Law ofrefrac-
tion and reflection as shown in FIG. 6. FIG. 6 illustrates the 
reflection and refraction of an incoming light ray I. The 
reflected light R is plane polarized, and the refracted light r is 
a single light ray without polarization. 
Certain crystalline solids, such as silicon carbide, which 
are optically anisotropic, will refract a single incident ray and 
produce two refracted rays, called ordinary r1 and extraordi-
nary r2 rays, as shown in FIG. 7. This phenomenon is called 
double refraction or birefringence. One of the refracted rays is 
measuring stress using a polariscope for thin, flat crystalline 40 
solids. Multi-crystal silicon will be discussed herein as a 
model material. The anisotropic stress optic coefficients are 
characterized for different crystal and stress orientations. The 
inventive polariscope system allows for the measurement of 
large samples. The full stress components are extracted from 
the measurement of the polariscope by the shear difference 
method. Finally, the thermally induced stress was modeled 
using AN SYS and compared to measured stresses. 
45 extraordinary in the sense that it violates Snell's law so that 
the ray in an anisotropic solid travels at a different speed and 
direction to that of the ordinary ray. The two indices of refrac-
tion for the ordinary and extraordinary rays are equal only in 
the direction of an optical axis. An optical axis is a line along In the last number of years, efforts have been made to 
develop techniques to obtain the in-plane residual stress in 
silicon, especially in poly-crystalline silicon, in order to 
improve the efficiency and reliability of photovoltaic cells. 
Wafers used in the photovoltaic industry are becoming larger 
and thinner. The residual stresses are generally higher in thin 
materials, and it takes more effort to measure bigger samples. 
Fundamental work on the development of a non-destructive 
and non-contact residual stress measurement technique for 
solar silicon wafers has been carried out by S. Danyluk and 
his research group. This work has resulted in an infrared (IR) 
polariscope based method for such measurements. The sys-
tem developed to date has been shown to be capable of mea-
suring the in-plane maximum shear residual stress distribu-
tion in silicon wafers of thickness ranging from 100 µm to 2 
mm and sizes of up to 156 mmx156 mm, although the tech-
nique is fundamentally capable of measuring wafers much 
thinner as well as wafers that are much larger in area (the 
technique being limited only by the design and construction 
50 which there is some degree of rotational symmetry in an 
optical system, such as a camera lens or microscope. In a 
doubly refracting crystal, the optical axis is the line in the 
direction for which no double refraction occurs. The ordinary 
and extraordinary rays are plane polarized and their planes of 
55 polarization are orthogonal. 
If the incident rays are parallel to the optic axis, the ordi-
nary ray and the extraordinary ray will travel in the same 
direction and behave as if in an isotropic medium. However, 
if the incident light ray is perpendicular to the optic axis, the 
60 extraordinary ray will travel faster but in the same direction as 
the ordinary ray. The photoelastic phenomenon occurs when 
the incident rays are perpendicular to the optic axis. The two 
rays coming out of the crystal are then perpendicular and 
polarized. When the light emerges, the relative phase differ-
65 ence between the refracted rays will form fringes. 
Crystalline silicon has a diamond cubic crystal structure, 
and there is no double refraction effect in the stress free state. 
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The existence of stress will induce strain which results in 
optically anisotropic behavior. Silicon wafers are generally 
thin, flat plates and are assumed to exhibit plane stress. As 
explained above, photoelasticity occurs when the incident 
rays are perpendicular to the optic axis. FIGS. 8-10 illustrate 
how double refraction occurs in the special case of a thin, 
single crystal wafer that is subjected to four point bending. 
FIG. 8 is an illustration of the stress state of a thin silicon 
10 
When light passes through a crystalline solid, the photons 
interact with the atoms of the solid, where some photons with 
a wavelength shorter than the band gap are absorbed and 
converted to charge carriers, and other photons are transmit-
ted. The transmission spectrum for silicon in FIG. 13 shows 
that silicon is opaque to the ultraviolet and visible light, but 
the transmission ratio rises sharply to over 50% at around 
1100 nm, being almost constant in the whole near infrared 
spectrum range. A wavelength of 1150 nm, which is close to 
10 the edge of the transparent window, is a preferred light source. 
beam loading on edge. FIG. 9 shows an example of strain at 
the atomic scale with the assumption that the crystal is simple 
cubic. In four point bending, the strain at the top part of the 
beam compresses the atom bonds (the crystalline lattice), 
while the tensile strains at the bottom part of the beam stretch 
the atom bonds. When unpolarized light passes through the 15 
single crystal beam, the electric and magnetic field of the light 
interacts with the electrons of the atoms. Double refraction 
This wavelength can be obtained using a broad spectrum light 
source in conjunction with an interference band pass filter 
with a bandwidth of 10 nm. 
The light transmission spectrum is related to the band gap 
of crystal silicon. The band gap generally refers to the energy 
difference between the top of the valence bandand the bottom 
of the conduction band; it is the amount of energy required to 
raise a valence electron into the conduction band. FIG. 14 is 
a crude schematic of the band gap in a semiconductor. For 
occurs due to the strain difference between the horizontal 
direction and vertical direction. For example, at the top part of 
the beam, compressive strain in the horizontal direction 20 
makes atoms more closely packed compared to the vertical 
direction, where the strain is zero. Thus, the light ray traveling 
crystal silicon, at room temperature, the band gap is approxi-
mately 1.1 eV. Photons that contain energy higher than the 
band gap will be absorbed. The wave length of the photon 
containing energy with 1.1 eV is about 1150 nm. Thus, most 
of the visible light is absorbed and only the IR light is trans-
mitted. 
in the horizontal direction is slower than the light ray traveling 
in the vertical direction. When the two rays emerge, there is 
phase difference between them. FIG. 10 illustrates the light 25 
transmission intensity image captured by an infrared camera FIG. 15 shows a schematic diagram of the principal fea-
tures of a circular polariscope. The setup includes a white 
light tungsten-halogen lamp, two spherical lenses 240 mm in 
diameter, two near infrared linear polarizers 100 mm in diam-
eter, two first-order quarter waveplates with a wavelength of 
1150 nm and 100 mm in diameter, two beam splitters of 240 
of infrared light transmitted through a simple crystal silicon 
wafer 0.2 mm thick, undergoing four point bending. The light 
transmitted in the middle is more intense than at the edges 
because of double refraction. Double refraction changes the 30 
polarization state of the emerging polarized beam, and this 
change results in the formation of fringe patterns. Fringes are 
not observed for the beam of FIG. 8 because the stress levels 
mm in diameter, a specimen stage, a spatial filter, an interfer-
ence filter with a wavelength of 1150 nm and half magnitude 
full width (HMFW) of 10 nm, an imaging lens of75 mm in 
and the thickness are small. For comparison, FIG. 11 shows 
the fringes captured from a polymeric compression disk 
observed by a polariscope, where fringes can be seen clearly. 
The experimental setup to evaluate birefringence is called 
a polariscope. A polariscope can convert birefringence into 
fringes and the number of the fringes is proportional to the 
stress magnitude. The results obtained from the polariscope 
are photoelastic parameters, namely isochromatic and iso-
clinic, which represent the magnitude and direction of the 
principal stresses, respectively. The photoelastic parameters 
are converted to maximum shear stress using an isotropic or 
anisotropic stress-optic law. In 1853, Maxwell related the 
birefringence to stress through the stress-optical law which is 
expressed in Equation 1: 
35 diameter, a high-sensitivity infrared digital video camera, an 
image grabber board, and a computer. The system preferably 
is placed on an optic table, and can be used to measure 
samples as large as 240 mm in diameter for fully collimated 
light. Larger samples can be measured using a diverging light 
40 beam as described below. 
The light emitted from the tungsten light source Swill pass 
through the first spherical lens Lu where the light beams are 
collimated. After the beam passes the first polarizer P 1 , the 
light will be plane polarized. In the six step method, the optic 
45 axis of the first quarter waveplate Q1 is kept at 45° relative to 
the first polarizer P 1 . Thus, after the light passes through the 
first quarter waveplate Q1 , it will be circularly polarized. The 
purpose of the two beam splitters B 1 , B2 is to increase the 
sensitivity of the polariscope. The light passes through the 
50 sample and is reflected back and forth several times, and thus 
(l) the photoelastic retardation is amplified by the number of 
times light travels through the sample. 
where C is the stress-optic coefficient, tis the thickness of the 
sample, A is the wavelength of the light source, au a2 are the 
two principal stresses, ll is the phase difference between the 
two refracted rays and is called phase retardation, and "tmax is 
the maximum shear stress and is related to the absolute value 
of the difference between the largest and smallest principal 
stresses. 
FIG. 12 demonstrates how the stress optic law relates to a 
multi-crystalline material such as silicon. In FIG. 12, the 
stressed sample contains two different grains which are 
stressed with different stress magnitudes. Since the stress 
magnitude is different for the two grains, the phase difference 
of the refracted rays is also different, resulting in different 
light transmission. 
The opaque window W is used to block stray light from 
entering the system. Stray light can result in artifacts in the 
55 captured images, and thus adversely impact the accuracy and 
resolution of the measurements. When the collimated circu-
larly polarized light enters the sample, double refraction will 
occur if the sample is stressed. Silicon (Si) will act as a 
waveplate if it contains residual stresses. The polarization 
60 state of the light will be further changed by the sample based 
on the magnitude of the maximum shear stress and the prin-
cipal stress orientation. In order to determine the phase 
change caused by the sample, another quarter waveplate Q2 
and polarizer P 2 is used to review the state change of the light. 
65 The light is then focused by the second spherical lens L2 . In 
the case where partial mirrors are used to increase the sensi-
tivity, a spatial filter is added in order to pick the correct 
US 8,537,342 B2 
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magnification of the system. Finally, another lens L3 will 
further focus the light before it enters the camera C. 
12 
where I is the image captured by the camera, Im takes into 
account stray light; Ia is the light power (which is the intensity 
emerging when the axes of the specimen and all the optical 
elements in the polariscope are parallel), a and ~ are the 
orientation angles between the reference axis and the slow 
axis of the analyzer, second quarter waveplate respectively, 
and 8 is the isoclinic angle. 
As there are four unknowns in Equation 2, at least four 
independent equations need to be used for solving this equa-
The light source S preferably is a tungsten-halogen lamp, 
the typical spectrum of which is shown in FIG. 16. The 
spectrum covers a broad range in both the visible and near 
infrared regions. As shown in the figure, the band pass filter 
only selects a bandwidth M=lO nm, which significantly 
reduces the light intensity. The lost intensity can be compen-
sated for by using a higher output power of the tungsten-
halogen bulb. With a 150 W bulb, the remaining power after 
narrow band filtering is over 200 mW, which is acceptable for 
the full field measurement. To further compensate for the 
excessive loss in high fringe multiplication, a broad band pass 
filter with a FMHW of 100 nm can be used at the cost of 15 
10 tion. By selecting six angular combinations of the second 
quarter waveplate Q2 and the second analyzer, as shown in 
Table 1, six simultaneous equations containing the unknowns 
of phase retardation ll and isoclinic angle 8, are generated, 
which can be used to solve for these two unknowns. 
wavelength mismatch in the quarter waveplates. Using an 
infrared laser is another choice for the light source S, espe-
cially due to the benefit of reducing the loss in spatial reso-
lution in fringe multiplication. But the self-interference nor-
mally dominates the photoelastic fringes of low stress. 20 
Therefore, the tungsten-halogen bulb is preferred forthe near 
infrared point light source for the system. 
The digital camera C, which preferably is focused on the 
wafer surface, is connected to an image grabber board 
installed on a computer. The gray-level images are digitized 25 
by the grabber preferably with at least 640x480 pixels and a 
depth of 8 bits, or 256 gray levels. The digitized images 
normally contain electronic noise, especially when using 
high camera gains and for dark images, which can result in 
high inaccuracy for stress calculations. In order to reduce the 30 
noise, 30 to 300 sequentially grabbed images are averaged out 
with respect to the same object, thus the random noise can be 
minimized at the expense of taking a little more time for 
grabbing the images. A preferred image grabbing software, 
TZGrab, is implemented in Microsoft Visual C++ with a 35 
Windows interface shown in FIG. 17. This software is capable 
of adjusting image contrast and brightness, checking for the 
saturation, filtering electronic noise, and saving images. The 
optimal images captured are those with highest maximum 
allowed brightness and reasonable contrast. The brightness is 40 
limited by the 256 gray levels of the digitizer. For low stress, 
normally the first image in the phase stepping has the highest 
brightness and will be adjusted to the maximum gray level as 
255 by increasing the image contrast and brightness or 
increasing the light power. The saturation of the image can be 45 
checked by pressing the "Check" button, which detects the 
percentage of pixels that are saturated.Usually the percentage 
is controlled at 0.2% to avoid excessive saturation. It may be 
beneficial to repeat the adjustment of the brightness and con-
trast several times. It should be pointed out that no further 50 
adjustment is made during phase stepping. 
Wafers used for solar cells are generally very thin, usually 
100 to 300 um. As can be seen from the stress optic law shown 
in Equation 1, the phase difference of the emerging light rays 
is proportional to the sample thickness. Thus, for silicon 55 
wafers, only partial fringes can be obtained as shown in FIG. 
10. Fringes are not present, but only the light intensity differ-
ence from the edge to the center is seen. Thus, stress cannot be 
evaluated by fringe counting techniques. 
Phase stepping can be used to extract photoelastic param- 60 
eters from the transmitted light automatically in the case of 
partial fringes. For a general setup as shown in FIGS. 8-10, 
the light emerging from the analyzer is not location dependent 
and the measured intensity will take the form 
I(x,y)~Im+Ia[sin 2(13-a)cos ii-sin 2(8-a)cos 2(13-a) 
sin ii] (2) 
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TABLE 1 
six phase stepping of a circular polariscope 
<I> 13 Light Intensity 
0 n/4 11 ~Im+ Ia(l + cosi\)/2 
0 -n/4 12 ~Im+ Ia(l - cosi\)/2 
0 0 !3 ~Im+ la(l - sin 28 sin o)/2 
n/4 n/4 14 ~Im + Ia(l +cos 28 sin o)/2 
n/2 n/2 
Is =Im+ ~(l +sin 28 sin 6) 
3n/4 3n/4 
16 =Im+ ~(l - cos 28 sin 6) 
The simultaneous equations are solved for 8 and ll as: 
(3) 
(4) 
which give 8 in the range of -it/4 to Jt/4 and a in the range of 
-it/2 to Jt/2. The isoclinic angle is also the principal stress 
orientation. In order to represent all of the random stress 
states, the range of8 given by Equation 3 is not sufficient, and 
at least a 8 in the range of -Jt/2 to Jt/2 is needed. This is a 
system ambiguity and will be discussed below. 
Alternatively, a 10-phase stepping method can be used. 
Table 2 shows the simultaneous equations to be solved. 
TABLE2 
ten phase stepping of a circular polariscope 
<I> l; T] 13 Light Intensity 
n/2 0 6 
11 = lb + L,sin2 2: sin228 
5n/8 n/8 
12 =lb+ ~sin2 ~ [1 - sin48] 
3n/4 n/4 6 
!3 =lb +L,sin2 2cos
228 
7n/8 3n/8 
]4 =lb+ ~sin2 ~ [1 + sin48] 
n/2 3n/4 n/4 n/2 Ia 
Is = lb + 2 [1 + cos6] 
n/2 3n/4 n/4 0 la 
16 = lb + 2 [1 - cos6] 
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TABLE 2-continued 
ten phase stepping of a circular polariscope 
<I> 'i; T] 13 Light Intensity 
n/2 3n/4 0 0 
!7 = lb + ~ [l - sin28sin6] 
n/2 3n/4 n/4 n/4 Ia , 
Is = lb + 2 [l + cos28sm5] 
n/2 n/4 0 0 Ia , , !9 = lb + 2 [ 1 + s1n28sm6] 
n/2 n/4 3n/4 n/4 
110 =lb+ ~ [l - cos28sin6] 
where cjJ is the orientation of polarizer, ~ is the orientation of 
the analyzer (the second polarizer), sis the orientation of the 
first quarter wave plate with respect to the slow optical axis, ri 
is the orientation of the second quarter wave plate with respect 
to the slow optical axis, and 8 is the orientation of the princi-
pal stress. The simultaneous equations are solved for 8 and ll 
as: 
1 -l(/4-/2) 8= -tan -
4 I, - /1 
(5) 
14 
Another trend in the photovoltaic industry is that wafers are 
becoming larger and larger to reduce production costs. Pres-
ently, 156 mm by 156 mm wafers are widely used. Known 
polariscopes can only measure a small portion of a sample at 
a time, with diameters of the measured area ranging from 25 
mm to 7 5 mm. It would require taking ten to twenty separate 
measurements, each comprised of six to ten images depend-
ing on the stepping method used to fully evaluate a 156 
mmx156 mm wafer using existing systems. A new setup to 
10 measure whole area, or full the field of the wafers in one 
measurement was designed and built The new system 
enables the in situ measurement oflarge wafers. 
Due to inherent system ambiguity, a polariscope can only 
measure the maximum shear stress. The system ambiguity is 
15 resolved mathematically by introducing a new function 
which extends the range of the isoclinic angle to -rri2 to rc/2, 
and it can be shown that in conjunction with the novel setup, 
the full stress state can be calculated using the shear differ-
ence method (SDM). Another critical consideration for SDM 
20 is how to properly capture the boundary conditions. By using 
the new setup, the entire periphery, and thus all edges, of the 
silicon wafer are imaged, thus enabling the use of the edges as 
boundary conditions for calculation of stresses. The method-
ology was verified by successfully obtaining the full stress 
25 state for a silicon beam sample subjected to four point bend-
ing and evaluated with the novel setup. 
A flow chart for the polariscope method is shown in FIG. 
18. The shaded boxes are the discussed in detail herein. The 
_1( (/9 - h )sin28 +Us - /io)cos28) 6 =tan 
/5 - 16 
objective is to measure the full stress components in crystal-
(6) 30 line silicon. To ensure the reliability of the polariscope, an 
error analysis is conducted. The system is calibrated for both 
the principal stress orientation and crystal orientation so as to 
expand the method to multiple crystalline silicon wafers. The 
novel polariscope is used to capture the edges of the wafers. 
Appendix A provides pseudo codes for the 10-step and 6-step 
processes. Either six phase or ten phase stepping may be used. 
For ease of explanation, six phase stepping will be discussed 
herein, though it should be noted that the ten phase stepping 
method could be substituted in place of the six phase stepping 
method. 
Double refraction is an inherent property of stressed mate-
rial and is not limited to silicon wafers. The only requirement 
is that the proper wavelength oflight be chosen for the mate-
rial so that the material is transparent. Then the phase stepping 
method can be used to calculate the two photoelastic param-
eters, and by applying stress optic law, the maximum shear 
stress can be calculated. 
35 By applying boundary conditions and equilibrium equations, 
the full stress components are eventually obtained. 
The isotropic stress optic law was shown as Equation L For 
an isotopic material, the maximum shear stress is propor-
tional to the phase retardation of light Shijiang He et al. 
40 demonstrated that the stress orientation also influences the 
phase change of the transmitted light. He extended the stress 
optic law by replacing a constant stress optic coefficient with 
a stress orientation dependent stress optic coefficient as 
shown in Equation 7, where 8 is the principal stress orienta-
45 tion. 
In the PV industry, approximately 80% of the silicon 
wafers used to fabricate cells are multi-crystalline, and this 
number is increasing due to the lower cost of multi crystalline 
wafer production. For multi crystalline silicon wafers, differ- 50 
ent crystal grains affect light transmission differently due to 
different atom densities along the light transmission direction 
for each crystallographic grain crystal orientation. In order to 
measure multi crystalline wafers correctly and accurately, the 
stress optic law is extended by adding the new factor of crystal 55 
grain orientation, which makes the theory more comprehen-
sive and complete, and enables more accurate measurement 
and analysis of residual stresses using the polariscope. For 
both single and multi crystalline wafers, grain orientation 
information needs to be considered. It is very time consuming 60 
to use x-ray diffraction (XRD) to determine grain orientations 
for multi crystalline wafers. However, because light transmis-
sion is a function of the grain orientation, it can be used to 
determine the grain orientations. In this manner, the polari-
scope system in conjunction with analytical software is 65 
shown to be capable of identifying grain orientations auto-
matically. 
A 
cr1 -cr2 = --6 
2mC(8) 
(7) 
The stress optic coefficients are not only a function of the 
principal stress orientation, but also a function of individual 
crystal grain orientations. This is because different grain ori-
entations have different atom aligmnents and atom densities. 
For example, the ratio of atom density for silicon between 
(111) and (100) is 2: L Thus, light speed is different when it 
passes through different orientations. 
The most general case of the stress optic law is shown in 
Equation 8. In Equation 8, the stress optic coefficients are 
functions of both the crystal orientation cjJ and the principal 
stress orientation 8. 
A 
cr1 -cr2 = ---6 
2mC(e, <p) 
(8) 
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The stress optic law is used to calculate the maximum shear 
stresses ifthe stress optic coefficient is known. In Equation 8, 
C is the stress optic coefficient, which is a function of 8 (the 
principal stress orientation) and cjJ (the crystal grain orienta-
tion), tis the thickness of the sample, A is the wavelength of 
the light source, a 1 , a 2 are the maximum and minimum prin-
cipal stresses, and ll is the phase retardation. 
Stress optic coefficients need to be calibrated before the 
polariscope can be used to measure the residual stresses in 
silicon wafers. The process to obtain the stress optic coeffi-
cients is the reverse procedure to that of stress measurement. 
To calibrate the stress optic coefficient for an orientation, a 
known stress field is applied. The applied stress should be 
large enough so that the residual stress, if any, can be ignored, 
and more preferably, a sample containing very low residual 
stresses should be used. 
Stress optic coefficients for (001) and (111) orientations 
have been derived and calibrated by Shij iang He and S. Dany-
luk. The cast silicon was taken to have the isotropic coeffi-
cient of the (111) orientation of silicon. 
V. Garcia used a back Laue procedure to determine the 
crystal orientation in cast wafers. Since silicon has a well 
known crystal structure, the Laue system can be used to check 
the orientation of the grains with respect to the surface by 
analyzing the x-ray diffraction pattern. A pattern reflected by 
a certain orientation can be pre-determined by knowing the 
crystal structure (diamond cubic for silicon) and invoking 
Bragg's law as shown in FIG. 19. 
FIG. 20 is an optical image of a silicon beam cut from a 156 
mmx156 mm cast silicon wafer. Table 3 lists the grain orien-
tations (corresponding to the cjJ value in Equation 7) and the 
rotations (which is the pole angle of the grain corresponding 
to the 8 value in equation 7) of a multi crystal wafer beam. A 
graph summarizing the frequency of the grain orientations for 
16 
tern. Compressive strain is observed in the half portion above 
the neutral axis, and tensile strain is observed in the half 
portion below the neutral axis. Ia is the light source intensity. 
I, is the light intensity captured by the camera and i is from 1 
to 6, which represents light intensity of the six images cap-
tured from six phase stepping method. 
Phase retardation and the isoclinic angle are calculated 
using Equations 3 and 4, respectively. FIG. 24 shows a typical 
result of the retardation ll and isoclinic angle of a multi crys-
talline cast wafer. The physical size of the measured area is 
1 o approximately 40x 10 mm, captured over 200x50 pixels in the 
camera. The retardation is nearly uniform along the longitu-
dinal direction and linear along the transverse direction. The 
non-uniformity phase retardation along the horizontal direc-
tion is due to the anisotropic light transmission among the 
15 grain orientations. 
In order to calibrate a grain of interest, only a portion of the 
pure bending beam needs to be studied. FIG. 25 shows the 
phase retardation and isoclinic angle of grain 14 in FIG. 23. 
Within a single grain, the phase retardation is uniform, which 
20 
suggest that the stress optic coefficients are constant through-
out the grain. 
Usually the maximum stress is used for purposes of char-
acterization. However, the maximum stress cannot be deter-
mined with enough accuracy because the edges of the beam 
are not clearly defined in the images, and a variation of one 
25 pixel, or 0.2 mm, can introduce an error of 5%. The stress 
optic coefficient is related to the slope of the retardation, 
dll/dy, which can be determined with high accuracy using a 
linear least-square fit method. FIG. 26 is the least-square fit of 
the retardation to the vertical location relative to the neutral 
30 axis. The double refraction, which is related to ll, is plotted 
versus the vertical location (relative to the center of the beam). 
The correlation coefficient of the linear fit is 0.98. The prin-
cipal stresses for pure bending are a group of cast wafers is shown in FIG. 21. As can be seen, the majority of the orientations are (100), (011 ), (111 ), (211) and 
(321 ). FIG. 5.3 also demonstrates that there is a great deal of 
variation of the wafer grain orientations, thus it is necessary to 35 
calibrate the stress optic coefficients for each grain orienta-
tion. 
(9) 
Grains 
Orientat-
ions(<!>) 
Rotat-
ions(8) 
TABLE3 
grain characterization of a multi crystalline silicon beam 
9 10 14 16 
344 211 100 211 321 432 321 
-23 -69 60 -71 -100 -42 60 
17 24 
211 321 
where I=h3t/12 is the moment of inertia of the cross section, 
40 M is the applied moment, and y is the vertical location from 
the center. By substituting Equation 9 into Equation 8, the 
stress optic coefficients can be obtained in terms of the slope 
of the retardation as shown in Equation 10: 
31 131 45 d/6 (10) 
c = ___!!.J_ 
(2~t ~) 
Table 4 shows the stress optic coefficients for grains of cast 
wafers. About 80 different grains orientations and pole angles 
were measured. For those grains orientations that are not 
covered, a linear fit can be used to determine the stress optic 
Four-point bending, shown in FIG. 22, is used to apply 
known stresses in order to calibrate the anisotropic stress 
optic coefficients. Silicon beams with dimensions 150 50 
mmxlO mmx0.2 mm are removed by dicing from 156 
mmx 156 mm cast wafers. The static load is applied by adding 
weight to a four point bend test fixture that holds the silicon 
beam sample. The residual stresses in the beams can be 
assumed small compared to the applied stresses. 55 coefficient. The observed magnitude of the maximum stress 
optic coefficient is approximately 1.7 times that observed for 
the minimum stress optic coefficient. 
FIG. 23 shows a schematic of a multi crystalline wafer 
loaded by four-point bending, sitting in the polariscope sys-
TABLE4 
stress optic coefficients of grains with a certain pole angle. 
Orientations(<!>) 100 111 111 111 210 211 321 322 421 
Rotations (8) 20 53 -5 65 -8 31 -100 106 73 
Stress optic 2.40 2.54 2.53 2.55 2.08 2.75 1.87 2.35 1.75 
coefficient(l0-11 x Pa-1) 
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In order to apply the calibrated stress optic coefficients to 
measure stresses for different grains, crystal orientations for 
each grain must first be determined. The most general tech-
nique to determine grain orientation is x-ray diffraction, 
which was discussed above. X-ray diffraction is a point 
method and usually takes several hours to measure a 156 
mmx156 mm cast wafer, which is not acceptable for in situ 
measurement for the photovoltaic industry. Shijiang He used 
Grain ID 
A5-5 
A7-5 
A7-7 
A7-8 
18 
TABLE 5-continued 
gray levels of different grains in both 
optical image and transmission images 
Optical Image 
medium 
dark 
bright 
middle 
Transmission Image 
medium 
bright 
dark 
median an average stress optic coefficient for multi crystalline silicon 
wafers to enable in situ measurement. However, due to large 10 
variation of stress optic coefficients, the accuracy of the mea-
surement is decreased about 35%. 
The transmitted light intensity is correlated to the orienta-
tion determined by x-ray diffraction, which is usually called 
optically anisotropic. When light passes through stress free 
single crystal silicon, no anisotropic can be observed. The 
light transmission image captured by the infrared camera is 
uniform as shown in FIG. 27, which is a (100) single crystal 
silicon wafer. The uniformity of the image shows that at a 20 
stress free state, single crystal silicon is optically isotropic. 
FIG. 28 is a light transmission image of a (111) single crystal 
wafer under the same light power. FIGS. 27 and 28 indicate 
that the (111) orientation has much higher light transmission 
rate than (100) orientations. Thus, multi crystalline silicon 25 
wafers, which contain all kinds of grain orientations, are 
optically anisotropic. A typical infrared transmission inten-
sity image ofa multi crystalline silicon wafer is shown in FIG. 
29. It can be seen that some grains are much brighter than the 30 
others. This correlation was validated by comparing infrared 
transmission to grain orientations from several wafers. 
Samples were prepared by dicing wafers into 125 mmxlO 
mm beams. An optical image of one beam is shown as FIG. 
30. Each grain is labeled by a number for later reference. 35 
X-ray diffraction was used to determine orientations of each 
grain and light transmission images were taken by the infra-
red camera using the polariscope system. One such image is 
shown in FIG. 31. 
Grain orientations as identified by the miller indices are 
correlated to the image intensity as shown in Table 6, from 
which it can be seen that some orientations transmit infrared 
15 light better than other orientations. Among the three major 
directions (111), (110), and (100), (111) directions have the 
brightest light transmission. 
It can be readily verified that the intensities of FIG. 30 and 40 
FIG. 30 are inversely correlated. If a grain in the optic image 
is bright, then it appears dark in the light transmission image. 
Table 5 summarizes the light intensity of some grains from 
both the optical image and the transmission image, which 45 
verified that optical image and transmission image are 
inversely correlated. 
GrainID 
A4-10 
A4-14 
A4-16 
A4-17 
A4-26 
A4-3 
A4-6 
A4-8 
A4-9 
A5-1 
A5-11 
TABLES 
gray levels of different grains in both 
optical image and transmission images 
Optical Image Transmission Image 
bright dark 
bright dark 
bright dark 
medium medium 
bright dark 
dark bright 
dark bright 
bright dark 
dark bright 
bright dark 
bright dark 
50 
55 
60 
TABLE6 
orientations and gray levels of transmission 
image for different grains 
Orientation Grain ID Rotation Transmission image 
100 I7-3 dark 
100 I5-18 20 dark 
100 A2-12 30 dark 
100 G6-5 32 dark 
100 G9-3 32 dark 
100 G9-5 32 dark 
100 G5-1 35 dark 
100 G5-5 45 dark 
100 G5-6 46 dark 
100 A4-8 60 dark 
100 13-22 60 dark 
111 I2-8 -5 bright 
111 13-15 bright 
111 A8-12 4 bright 
111 13-6 4 bright 
111 I6-10 bright 
111 G9-20 20 bright 
111 A7-5 25 bright 
111 A5-15 28 bright 
111 A5-21 28 bright 
111 A8-2 29 bright 
111 A5-12 30 bright 
111 A8-3 30 bright 
111 A8-4 30 bright 
111 A8-5 30 bright 
111 G9-15 30 bright 
111 I2-7 53 bright 
111 I5-17 65 bright 
210 A5-4 -120 median 
210 A5-17 -65 median 
210 G7-2 -47 median 
210 G7-5 -30 median 
210 13-9 -8 median 
210 A8-19 98 median 
210 A2-17 125 median 
210 A2-14 150 median 
110 B4-8 60 median 
110 B4-18 85 median 
110 AB-55 40 median 
100 AB-58 38 median 
211 A8-18 -89 median 
211 A4-9 -71 median 
211 A4-6 -69 median 
211 13-14 -20 median 
211 13-17 -14 median 
211 G2-15 median 
Based on Table 6, the grain orientations can be estimated. 
A5-12 dark 
A5-15 medium 
A5-22 bright 
A5-4 bright 
bright 
medium 
dark 
dark 
For a light transmission image of a multi crystalline wafer 
65 such as FIG. 29, which is an 8 bit image and has 256 gray 
levels, all the pixels that have a measured gray value greater 
than 200 are characterized as (111 ), those that have a mea-
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sured gray value between 100 to 200 are characterized as 
(110), and the others which have a measured gray value of 
below 100 are characterized as (100). In this way, the mea-
surement accuracy is substantially increased beyond the iso-
topic assumption, and accuracy is only 10% less than using all 
the individual grain orientation information. Because of the 
limited numbers of grains measured by x-ray diffraction, the 
characterizations of other grain orientations such as ( 432) 
were not obtained at this time. In addition, the infrared camera 
used in this setup does not have sufficient resolution to dis- 10 
tinguish the difference between orientations such as (111) 
and (655), although alternate cameras/detectors or future 
technological improvements may enable this distinction. 
The reason why light transmission varies with orientation 15 
can be explained by considering the crystal structure of sili-
con. Different orientations have varying atom densities and 
bond strengths. The atom density ratio between (111 ), (110), 
and (100) is 6:4:3 as shown in FIGS. 32-34, respectively. For 
the (111) orientations, since the in-plane atom density is 20 
higher, there are fewer atoms in the light path, which results in 
higher transmission rate. 
As discussed above, the typical circular polariscope system 
shown in FIG. 15 is restricted by the size of the quarter 
waveplates and the polarizers, which is generally 25 mm to 7 5 25 
mm. It would take ten to twenty measurements of six to ten 
steps each to measure a 156 mmx156 mm wafer using exist-
ing systems. After the piecewise measurement, all the mea-
surements would need to be stitched together to form a com-
plete image of the silicon wafer. This is computationally 30 
intensive, time consuming, and causes inaccuracies. 
20 
The stress optic coefficients are only a function of radial 
location, x, since the system is centre-symmetric. A curve 
fitting using Equation 11 is shown in FIG. 39. The fitting 
result is shown as Equation 12. The R-square value is 0.97. 
C = a· cos(~) + b (11) 
C = 1.32· 10-11 cos(~) + 1.21·10-11 (12) 
In Equation 12, C is the stress optic coefficient, x is the 
radial location, and r is the radius of the illuminating field. 
The results are close to the results measured by S. He, which 
is from 1.4 to 2.1·10- 11 . 
Combining Equation 12 and the stress optic law shown in 
Equation 7, a modified stress optic law for the new system 
setup is given in Equation 13. Applying Equation 13, the 
maximum shear stress "tmax of the whole field is calculated 
from a single set of stepped measurements for a 156 mmx156 
mm wafer. 
1.32· 10-11 -' (13) 
2r max = <T1 - <T2 = x c5 
2mC(8, <p) · (cos(-;:)+ 0.92) 
The radial dependant stress optic coefficients are due to the 
inclined incident light to the waveplates and silicon wafer as 
shown in FIG. 40, in which the dash lines are the line paths for 
the typical polariscope system as shown in FIG. 15. Since 
light is inclined to the waveplates, double refraction occurs. 
A new setup of the polariscope is shown in FIG. 35. In the 
new system, the polarizers and quarter waveplates are moved 
outside of the lenses and so the illumination field is restricted 
only by the lenses. Two 240 mm lenses are used in the present 
system so that samples as large as 240 mm in diameter can be 
measured in a single set of stepped measurements. The new 
system setup enables in situ measurement of large wafers, 
including the detection of the wafer edges. 
35 
The path of light through the waveplates is longer than in the 
case where light is perpendicular to the waveplates. The rela-
tion between the path traveled by the inclined light and nor-
mal incident light to the waveplates is shown in Equation 14. 
The quarter waveplates no longer function as true quarter 
40 
waveplates since the resulting phase change is greater than 
rri2. The relative inclination of the light to the sample can also 
result in additional phase changes of the silicon wafer. 
Large field measurements are not without penalty. Due to 
the inclined light incident to the waveplates and the un-colli-
mated light induced on the sample, there is an inaccuracy of 
the phase change of the light by the waveplates and sample. 
The problem can be overcome by calibrating the entire illu-
minating field. The system is center symmetric, so the cali- 45 
bration can be simplified to a calibration of a radial line from 
the center to the edge. FIG. 3 6 indicates the position ofa beam 
in the inventive system. After calibration of a radius of the 
field, the results can be extended to the whole illumination 
field. The problem can also be overcome by design and selec- 50 
ti on of optical components that ensure the optical beam trans-
mitted through the silicon wafer sample is fully collimated. 
In order to facilitate calibration, a CZ single crystal wafer 
can be used to calibrate the system. The residual stresses in 
the CZ wafers can be assumed to be negligible compared to 55 
the applied stresses and rectangular beams cut from these 
wafers. FIG. 37 shows the phase retardation map of the CZ 
silicon beam. The left-most point of the image is the center of 
the illuminated field. 
L1 
L2=--
cos(8) 
(14) 
A full field stress map is obtained using the radial depen-
dant stress optic coefficients. FIG. 41 is the full field maxi-
mum shear stress of a 100 mm EFG wafer, and FIG. 42 is the 
light intensity image captured by the infrared CCD camera. 
The edges of the wafer are indicated by rapid transition to 
dark intensity in the image. FIG. 43 is the full field maximum 
shear stress ofa 156 mmx156 mm wafer, and FIG. 44 is the 
corresponding light intensity image. The stresses are calcu-
lated using radial location dependant stress optic coefficient 
shown in Equation 13. 
To verify the result of the new system, the same location of 
an EFG wafer was measured by a the typical polariscope and 
FIG. 37 shows that the phase map of the beam is observed 
to vary monotonically from center to edge, which indicates 
that the stress optic coefficients are different at each point of 
the radius. Stress optic coefficients were calculated for each 
cross section of the phase map using the same procedure 
described above, the results of which are shown in FIG. 38. 
The variation of the stress optic coefficients from center to 
edge is about 35%. 
60 the new polariscope. FIG. 45 is the stress result measured by 
the typical polariscope, and FIG. 46 is the stress result mea-
sured by the new polariscope. The difference is within 10%, 
which verified that the new polariscope is accurate to measure 
stresses in the wafers by using the location dependant stress 
65 optic coefficients given by Equation 13. 
As mentioned above, the polariscope can measure the 
maximum shear stress in the thin silicon sheet, but the extrac-
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ti on of principal stresses, generally referred to as stress sepa-
ration, is still a major issue in the measurement. The major 
difficulty for stress separation is that there are ambiguities to 
determine both the isoclinic and isochromatic parameters in 
the phase shifting photoelasticity. Another difficulty is that 
the most commonly used traditional stress separation tech-
niques, such as the Lame-Maxwell (UM) method and the 
shear difference method, require stress information at the 
boundaries of the sample. To properly capture the whole 
wafer boundaries is critical to obtaining the full stress com-
ponents. In the present invention, the shear difference method 
is used to automatically obtain the three stress components 
10 
ax, aY, and "txy. Compared to the other stress separation meth-
ods, this method can be used to extract full stress components 
not only for the applied stresses field, but also for residual 15 
stresses. 
A good deal of work has already been done on stress 
separation. Researchers have been focusing on how to solve 
the system ambiguity when determining the maximum shear 
stress and principal stress orientation. T. Liu et al. used a two 20 
step loading method to solve the system ambiguity. With this 
method, the system ambiguity can be resolved when the two 
sequential applied loads are in the same direction, which is 
not applicable to a measure of the residual stress. G. Petrucci 
and G. Restivo tried to separate stresses along stress trajec- 25 
tories by adjusting stress orientation empirically. M. Ramji 
and K. Ramesh used a ten step-phasing method and the tech-
nique uses domain masking to solve the ambiguity. In domain 
masking, a seed of high quality needs to be found in the phase 
map, which is not applicable in the case ofresidual stresses. 30 
The present invention focuses on obtaining the full stress 
components of the residual stresses by resolving the system 
ambiguity and applying the shear difference method. 
FIG. 47 illustrates the concept of the system ambiguity. 
Four stress states are shown in FIG. 47 and described by 35 
Equation 15. The maximum shear stress of the four stress 
states is equal and the stress in the x direction is bigger than 
the stress in the y direction. The polariscope cannot distin-
guish between those four stress states since all of them have 
the same phase retardation and principal stress orientation. It 40 
is important to distinguish the tensile stress (case 1, 2) from 
the compressive stress (case 3, 4) since the tensile stress will 
initiate crack growth. Stress separation is the procedure to 
distinguish the system ambiguity and extract the normal 
stresses from the maximum shear stress that the polariscope 45 
measured. 
(15) 
22 
arctan(~) x>O (16) 
rr + arctan( ~) y <: 0, x < 0 
atan2(y, x) = -rr + arctan(~) y < 0, x < 0 
7r 
2 y > 0, x = 0 
7r 
2 
y < 0, x = 0 
undefined y = 0, x = 0 
Now the principal stress orientation 8 and phase retarda-
tion ll can be calculated using the arctan 2 functions as shown 
in Equations 14 and 15 instead of Equation 3 and 4. 
(17) 
(18) 
Using Equations 14 and 15, the range of stress orientation 
8 is extended from (-it/4, it/4) to (-rri2, it/2), and the range of 
phase retardation ll is extended from (-it/2, it/2) to (-it, it). 
Now mathematically both the stress orientation 8 and the 
phase retardation ll are sufficient to represent all the possible 
stress states. The arctan 2 function chooses one solution from 
the two possible solutions from Equations 3 and 4 in the range 
of (-it/2, rri2). 
By using the arctan 2 function, the polariscope system can 
completely distinguish the two stress states at the wafer edge 
boundaries. The principal stress orientations forthe two stress 
states have a difference of it/2, though they have the same 
magnitude of maximum shear stress. FIGS. 50 and 51 are the 
phase map and principal stress orientation, respectively, cal-
culated by the arctan 2 function for a single crystal pure 
bending beam. Clearly, by applying the arctan 2 function, the 
uniaxial stress states between compressive and tensile stress 
can be distinguished by the principal stress orientation mea-
sured by the polariscope as shown in FIG. 51. 
Although the arctan 2 function can completely distinguish 
the stress states at the boundary (along the edges of the wafer), 
it cannot distinguish all of the stress states in the interiorofthe 
samples as shown in FIG. 47. In the present invention, the 
shear difference method is used to calculate the full stress 
components from the measurement of the polariscope. To use 
the shear difference method, boundary conditions at the edges 
of the wafer and a fully determined shear stress in the xy plane 
for the entire sample are needed, and by using arctan 2 func-
tion shear stresses in the xy plane are fully determined. 
Table 7 shows the maximum shear stress calculated by the FIG. 48 shows that there are only two stress states at the 
boundaries, either tensile or compressive along the tangential 
direction. The traction stresses including shear stress and 
normal stress in they direction are zero. 
As described above, a six phase stepping method was used 
herein to obtain the two photoelastic parameters, namely the 
phase retardation and the isoclinic angle. For both of these 
two parameters, the inverse trigonometric functions need to 
50 arctan 2 function and the sign of "txy- The phase retardation ll 
is always positive, which leads to the fact that "tmax is always 
positive. This contradicts the fact that the stress statei:max may 
be negative. Table 8 shows the calculated 8 and ll using the 
second solution for 8 in the range [ it/2, it/2]. In this case, "tmax 
55 is negative. Tables 6 and 7 show that the in-plane shear stress 
"txy will hold the same value and sign no matter which 8 value 
is chosen in the range of (-rri2, it/2), which proves that the 
in-plane shear stresses are fully determined. 
be solved as shown in Equations 3 and 4, and the solution of 
Equation 3 will only have a period of rri2, which is not 
sufficient to represent all of the stress states. In order to fully 
interpret all the directions of the random residual stresses, a 60 
new function arctan 2 is used to extend the period of stress 
orientation from rri2 to it. 
As expressed in Equation 16, arctan 2 is a function having 
a period of 2it, and can be evaluated using mathematical 
software such as MATLAB. The standard arctan function has 
a range of (-rri2, it/2). FIG. 49 is a three dimension plot of 
function arctan 2. 
65 
15 - 13 
+ 
+ 
TABLE 7 
shear stresses calculated by the arctan2 function 
'txy ='tmax 
14 - 16 sin 28 cos 28 8 I\ ,;m= sin 28 
+ + + (O,n/4) + + + 
+ (n/4,n/2) + + + 
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TABLE 7-continued 
shear stresses calculated by the arctan2 fllilction 
'txy ='tmax 
15 - 13 14 - 16 sin 28 cos 28 8 I\ ,;m= sin 28 
+ + (-n/4, 0) + + 
(-n/2,n/4) + + 
TABLES 
shear stresses calculated by using the second solution of8 in (-n/2, n/2) 
'txy ='tmax 
15 - 13 14 - 16 sin 28 cos 28 8 I\ ,;m= sin 28 
+ + (-n/2, -n/4) + 
+ + (-n/4, 0) + 
+ + (n/4,n/2) 
+ + (O,n/4) 
The equations of equilibrium for a free body in the x and y 
directions are shown in Equations 8 and 9, respectively. 
10 
15 
24 
assumed to be negligible compared to the applied stresses. To 
further simplify the calibration, CZ beams were used due to 
their lower typical residual stresses (near zero) and single 
crystal orientation. 
The stress state of the CZ beam is shown as Equation 25, 
which is a pure bending stress state with maximum shear of 
32 MPa. In Equation 25, y is the distance to the neutral axis. 
[ 
crx Txy l J 32 X ~ 0 1 
Txy CTy l Q Q J 
(25) 
The maximum shear stress measured by the polariscope 
system is shown in FIG. 53. Since the residual stress in the CZ 
wafers is assumed negligible, the stress state in FIG. 53 is very 
close to a pure bending stress. 
The shear stresses in the xy plane are calculated from the 
20 polariscope measurement using Equation 23, as shown in 
FIG. 54. The shear stresses in the xy plane are small since all 
the shear stress comes from the residual stress, which is 
assumed negligible in the CZ wafer. 
acry arxy 
-+-=0 
(19) 25 
Finally, normal stresses in the xy plane are calculated using 
Equations 18 and 19, which are shown in FIGS. 55 and 56, 
respectively. The normal stress in the x direction is uniform 
along the longitudinal direction, and is tensile at the bottom, 
and compressive at the top. The observed maximum stress is 
approximately 32 MPa. The stress in they direction is small 
ay ax 
acrx 8ryx 
-+-=0 
ax ay 
(20) 
Equations 16 and 17 can be converted to Finite Element 
Analysis (FEA) form, and at the free boundary of the edges of 
the silicon wafer or beam, traction forces are zero as shown in 
FIG. 52: 
I j arxy (cry). =(cry) - -a-d/y(cry) _0 = 0 j I I X I- (21) 
30 since the only normal stresses in they direction come from the 
residual stress (the sample is loaded in pure bending). All of 
this shows that derived stress state is in good agreement with 
the applied stress. 
The same methodology was applied to an EFG beam. The 
35 difference is that the EFG beam exhibited higher values of 
stress than the CZ beam, which is shown in FIG. 57. 
(22) 40 
FIG. 58 shows the residual normal stresses in the xy plane 
obtained by the shear difference method. The observed maxi-
mum tensile stress is approximately 20 MPa for this particular 
sample. 
Four point bending stresses are applied to the beam and 
total maximum shear stresses including residual and applied 
stresses were measured using the inventive polariscope as 
shown in FIG. 59. 
FIG. 60 shows the total normal stresses, including residual 
and applied stresses, in the xy plane obtained by the shear 
difference method. The observed maximum normal stress is 
approximately 40 MPa. 
The sample boundaries must be properly captured when 
utilizing the shear difference method. To calculate the normal 45 
stress, shear stress in the xy plane must be calculated first. 
Equation 23 is the transformation of stresses to the xy plane 
coordinates, where shear stress in the xy plane can be 
obtained. Finally, pure bending stress in the x direction can be cal-
50 culated by subtracting the residual normal stress from the 
total stress, as shown in FIG. 61, which is in good agreement 
with the predicted stress due to the applied load. 
<Tx + CTy 
CT1,2= -2- ± (
<Tx-CTy)2 2 
2 +Txy 
(23) 
Equation 24 is used to calculate the principal stresses after 
normal stresses in the x and y directions are calculated using 
Equations 18 and 19, respectively. 
(24) 
The same procedure was performed for 156 mmx156 mm 
cast wafers. Residual stresses of the entire wafer were mea-
55 sured by the inventive polariscope system described above. 
FIG. 62 shows residual shear stresses and shear stresses in xy 
plane. 
Normal stresses in the x and y directions are calculated 
using Equations 18 and 19, respectively. The maximum 
60 observed tensile stress is approximately 27 MPa as shown in 
FIG. 63. Due to the integration method employed, errors may 
be accumulated along the integration path from the edge 
boundary. The error is less than 1 MPa within 10 mm of the 
integration path. 
To verify the shear difference method, four point bending, 65 
shown in FIG. 22, was used to introduce a known stress field 
When measuring stresses in cast wafers using a polari-
scope, it typically takes a few seconds to obtain thermal 
steady state in the wafer due to the thermal load of the light to a silicon beam. The residual stresses in the wafers were 
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source. The six phase stepping method and the ten step 
method are used to obtain the photoelastic parameters by 
rotating the waveplates and polarizer/analyzer as described in 
Table 1 and Table 2. The measurement typically takes about 
26 
As discussed above, the inventive circular polariscope 
preferably uses a tungsten light source, which has visible 
light. Thus the alignment of the polariscope can be validated 
by checking the light path visually. FIG. 69 shows the sche-
matic of light path of the polariscope system. The double 
sided arrows indicate that the light transmitted and reflected 
follows the same path after the system is aligned properly. 
An opaque plate with a circular hole of 5 mm in diameter is 
at the focus of the light source and can convert the light source 
15 seconds per step, and the six or ten images are not taken at 
the same time. If the wafer is not under thermal steady state, 
the six or ten images may not be taken under the same stress 
state due to the variation in thermal stresses over time. Based 
on the measurement results of the cast wafers, measuring 
stresses in a state of thermal transition increases the measure-
ment error dramatically. Therefore, it is important to know 
how long it takes the system to reach thermal steady state. 
A thermal transient model of the system was developed 
using ANSYS. The light source was simulated as a heat flux 
10 to a point source. An opaque paper can be used to check ifthe 
light source is focused at the hole. If a focused image of the 
filament is seen on the paper, then the light source is converted 
to a point source at the hole. 
The next step is to align the two big lenses. The point source 
on the wafer surface. Although the power of the light source 
15 is placed at the focus of the first lens, which results in a 
collimated beam behind the first lens. If an opaque paper is 
placed behind the lens, a circular light spot can be seen as 
shown in FIG. 70. The size of the collimated beam should 
remain constant regardless of the paper location; if properly 
is 200 watts, the energy of the light impinging the wafer 
surface is approximately 10 watts due to the use of a small 
aperture positioned in front of the light source. The ANSYS 
model calculated the temperature of the wafer as a function of 
location on the wafer and as a function of time ofillumination. 
The temperature of a single node from the model, which is 
located at the center of the wafer, was extracted and plotted 
with time, as shown in FIG. 64. It can be seen from FIG. 64 
that it takes about 20 to 30 seconds for the wafer to reach 25 
20 aligned, the size of the light beam will be the same ifthe paper 
is moved further from or closer to the lens. 
thermal steady state. The predicted result is in close agree-
ment with experimental observations of the measurements of 
cast wafers. 
The second lens is identical to the first one, so the first lens 
can be taken as the reference of the second lens. The align-
ment of the second lens can be examined by checking whether 
or not the point source is at the center of the reflected light. 
After properly positioned the two big lenses, the preferred 
sequence of aligning all the other optics is from the end to the 
beginning of the light path. In this way, the reflected light of 
any optic will not be blocked by the one in front of it. To A structural ANSYS model was created to calculate the 
thermal stress at the final steady state. The temperature profile 30 ensure that the optics are properly aligned, the reflected light 
and the light source should be concentric. FIG. 71 shows the 
reflected light pattern of the properly aligned system. The 
dashed lines indicate that they cam10t be seen in the final 
of the wafer is measured by a thermal camera as shown in 
FIG. 65. The highest temperature is about 24° C. and the 
lowest temperature is about 22° C. The temperature differ-
ence is small because silicon is a good thermal conductor. The 
free stress state is assumed to be 20° C., which is room 35 
temperature. The temperature profile was imported into the 
structural model as the thermal load. The calculated thermal 
normal stresses in the x, y directions and shear stresses in xy 
plane are shown in FIGS. 66, 67, and 68, respectively. The 
maximum stress is below 1 MPa. Compared to the residual 40 
stress magnitude of the wafers, the thermal stresses are neg-
ligible. 
A traditional polariscope is usually used for a specimen 
with a thickness of the order of millimeters and a stress level 
of 100 MPa, where multiple fringes can be observed and 45 
phase unwrapping is required to remove the discontinuity in 
the phase difference. The error, which is of the order of a 
fractional fringe, is negligible compared with multiple 
fringes. However, for a photovoltaic silicon wafer with a 
thickness less than 300 µm and a stress level around 10 MPa, 50 
only a partial fringe can be observed, and the error analysis is 
therefore crucial to determining the system reliability. 
setup. 
After the system is properly aligned, the light transmission 
image is captured by the infrared camera. Without any sample 
in the system, the image captured by the camera is a diffrac-
tion pattern of the circular hole, which is called an airy disk as 
shown in FIG. 72. Both FI GS. 71 and 72 should be checked to 
ensure the system is properly aligned. 
As discussed above, the stress optic law is a linear function, 
and a six phase stepping method is used to extract the two 
photoelastic parameters, isoclinic angle and phase retarda-
tion. Equations 14 and 15 show that the two parameters are 
related to the light intensity of the six images. FIGS. 73 and 74 
show a comparison of the first and second images, respec-
tively, which shows that the intensity of the six images is quite 
different. Thus, the camera response to light power should be 
linear. Otherwise, the gray level of the six images will repre-
sent inaccurate information of the light intensity. 
An image of a CZ wafer captured by the camera is shown 
in FIG. 75. The image is neither uniform nor symmetric due 
to the different response of the pixels in the infrared CCD 
camera. Experiments were designed to study the camera 
response to the light source power. The light source power 
was increased by five increments over the range from 40 to 
280 watts. The response to the light power using the highest 
camera gain is shown in FIG. 76, and the three lines come 
from the top left, middle, and bottom right of the image, 
The maximum errors associated with wavelength mis-
match of the quarter waveplates are of the order of 0.012 
fringe order. Wavelength mismatch is not of concern with the 55 
inventive system due to the relatively narrow bandwidth (10 
nm) of the monochromatic light obtained using the band pass 
filter. Error due to angular misalignment in the waveplates 
and polarizers are minimized or prevented by ensuring proper 
system alignment and calibration of the infrared camera. 
The sources of error considered here is the misalignment of 
the light source, two waveplates, the polarizers, the lenses, 
and the camera. The maximum error in stress is approxi-
mately 1.4 MPa, which is fairly large compared to the residual 
stresses in the wafers and it is thus important to align the 65 
system carefully.Use ofa standard alignment procedure ben-
eficially prevents introduction of such errors. 
60 respectively. The results show that the power response is 
non-linear. In order to fully interpret the entire response, 
median and low camera gains were also used, and the 
response results are shown in FIGS. 77 and 78, respectively. 
By combining the three images from FIGS. 75-77, a linear 
response of the camera can be found using a piecewise func-
tion. The program first searches the pixel value of a certain 
location using the low camera gain in order to avoid satura-
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tion. If the pixel value falls into the range of the low camera 
gain, then a piecewise linear response of all six images is 
simulated using low camera gain. Otherwise, the program 
keeps searching using the median and high camera gains until 
the program finds the range containing the pixel value. 
Finally, the linear relations are used to adjust all six images 
simultaneously. FIGS. 79 and 80 show images before and 
after adjusting the camera response, respectively. The image 
of FIG. 80, after adjusting the camera response, has higher 
contrast and the difference between grain transmissions is 
enlarged. 
10 
The maximum shear stresses are calculated from the 
adjusted six images. After calibrating the camera, systematic 
error is reduced dramatically. FIGS. 81 and 82 illustrate the 
maximum shear stresses before and after adjusting the cam- 15 
era response, respectively. Grains can be seen much more 
distinctly after linearly adjusting the camera. 
28 
equivalents. Furthermore, while certain advantages of the 
invention have been described herein, it is to be understood 
that not necessarily all such advantages may be achieved in 
accordance with any particular embodiment of the invention. 
Thus, for example, those skilled in the art will recognize that 
the invention may be embodied or carried out in a mamier that 
achieves or optimizes one advantage or group of advantages 
as taught herein without necessarily achieving other advan-
tages as may be taught or suggested herein. 
APPENDIX A 
Pseudo Codes 
1. 6 Phase Stepping 
for i~l :6 
To further reduce the system error, a stress free CZ wafer 
was measured by the polariscope, and the phase map is shown 
in FIG. 83. Since the wafer is stress free, the phase retardation 
comes from the system error. For EFG wafers, which have 
high stress, it is not critical to eliminate the system error. But 
for the cast and single crystal wafers, which contain low 
stress, it is important to subtract the system error. 
convert i.bmp to intensity matrix 20 
end 
FIGS. 84 and 85 are phase maps of a CZ single crystal and 25 
cast wafer, respectively. They contain the pattern of the stress 
free map. In order to obtain the pure residual stress state of the 
wafers, the system error must be subtracted from the phase 
map. Results after such subtraction are shown in FI GS. 86 and 
87, respectively. 30 
[dimX, dimY] ~ size(l.bmp) 
for i~l :dimX 
end 
forj~l:dimY 
end 
isoclinic angle(i,j) ~ IntensityToTheta(3(i,j), 4(i,j), 5(i,j), 6(i,j)) 
phase retardation(i,j) ~ IntensityToAlpha(l (i,j), 2(i,j), 3(i,j), 
4(i,j), 5(i,j), 6(i,j)) 
for i~l :dimX 
forj~l:dimY 
end 
end 
Tau_max(i,j) ~ MaximumShearStress(isoclinic angle(i,j), phase 
retardation(i,j)) 
figure(!)~ plot(Tau_max) 
figure(2) ~ plot(isoclinic angle) 
save MaximumShearStress 
After subtracting the system error, the stress pattern is 
removed from the stress map. For the cast wafers, the stress 
difference between grains is much more evident. After adjust-
ing the camera and subtracting the system error, the accuracy 
of the polariscope system is increased to about 1 MPa. 35 save isoclinic angle 
2. 10 Phase Stepping 
for i~l :10 
convert i.bmp to intensity matrix 
end 
In summary, the stress-optic coefficients for different grain 
orientations and stress orientations are calibrated using four 
point bending experiments. The variation of the maximum 
stress optic coefficients to the minimum is about 1.7. Grain 
orientations are characterized by light intensity of the images 
captured by an infrared camera instead ofx-ray diffraction. 
Among (100), (110), and (111) orientations, (111) orienta-
tions were found to have the highest light transmission and 
(100) orientations the lowest light transmission. The inven-
tive polariscope system is capable of in situ stress measure-
ment of wafers as large as 156 mmx156 mm. The location-
dependent stress optic coefficients are calibrated for the entire 
illuminating field of the system and applied to the residual 
stress measurement of multi crystalline silicon wafers. A new 
formula was introduced to extend the range of the principal 50 
stress orientation from (-it/4, it/4) to (-Jt/2, Jt/2), and retar-
dation from (O,it) to (0,2it). The ambiguity at the boundaries 
[dimX, dimY] ~ size(l.bmp) 
40 for i~l :dimX forj~l:dimY 
end 
end 
isoclinic angle(i,j) ~ IntensityToTheta(l(i,j), 2(i,j), 3(i,j), 4(i,j)) 
phase retardation(i,j) ~ IntensityToAlpha(5(i,j), 6(i,j), 7(i,j), 
8(i,j), 9(i,j), lO(i,j)) 
45 for i~l :dimX 
is eliminated completely. By applying the shear difference 
method, full stress components are obtained for the entire 
wafer. Error is reduced to 1 MPa by linearly calibrating the 55 
camera and subtracting the system pattern from the residual 
stress measurement. The system is aligned based on the light 
transmission path. 
While the preferred embodiments of the present invention 
have been described above, it should be understood that they 60 
have been presented by way of example only, and not of 
limitation. It will be apparent to persons skilled in the relevant 
art that various changes in form and detail can be made therein 
without departing from the spirit and scope of the invention. 
Thus the present invention should not be limited by the above- 65 
described exemplary embodiments, but should be defined 
only in accordance with the following claims and their 
end 
forj~l:dimY 
end 
Tau_max(i,j) ~ MaximumShearStress(isoclinic angle(i,j), phase 
retardation(i,j)) 
figure(!)~ plot(Tau_max) 
figure(2) ~ plot(isoclinic angle) 
save MaximumShearStress 
save isoclinic angle 
What is claimed is: 
1. A polariscope for measuring a sample, comprising: 
a light source; 
a sample stage for retaining the sample to be measured; 
a camera; 
a first polarizer; 
a second polarizer; 
a first waveplate; and 
a second waveplate; wherein: 
said light source and said camera are positioned such that 
light emitting from said light source defines a light path 
that passes from said light source and into said camera; 
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said sample stage is positioned such that when the sample 
is positioned thereon the sample is within said light path; 
each of said first polarizer, said second polarizer, said first 
waveplate, and said second waveplate are positioned 
within said light path intermediate said light source and 
said camera; 
said first and second polarizers are near infrared linear 
polarizers having a diameter of about 80 to 120 mm; and 
said first and second waveplates are first-order quarter 
waveplates with a wavelength of about 1130to 1170 nm 10 
and a diameter of about 80 to 120 mm. 
2. The polariscope of claim 1, wherein: 
said first polarizer is positioned intermediate said light 
source and said first waveplate; and 
said second polarizer is positioned intermediate said cam- 15 
era and said second waveplate. 
3. The polariscope of claim 1, wherein said light source 
comprises a tungsten-halogen lamp or an infrared laser. 
4. A method of determining the amount of residual stress 
present in a sample, comprising: 20 
providing a polariscope including a light source and a 
camera positioned such that light emitting from said 
light source defines a light path that passes from said 
light source into said camera; 
placing the sample within said light path; 
causing light to emit from said light source through the 
sample and into said camera; 
25 
capturing an image of said light after passing through the 
sample; 
determining a maximum shear stress within the sample 30 
based on said image; and 
determining full residual stress components within the 
sample based on said maximum shear stress. 
5. The method of claim 4, wherein: 
said providing includes providing a polariscope also 35 
including a first polarizer positioned intermediate said 
light source and the sample, a first waveplate positioned 
intermediate said polarizer and the sample, a second 
polarizer positioned intermediate said camera and the 
sample, and a second waveplate positioned intermediate 40 
said second polarizer and the sample; and 
said capturing includes capturing multiple images of said 
light passing through the sample, each image taken with 
said second waveplate and said second polarizer at col-
lectively unique angular orientations. 45 
30 
<I> 13 
n/2 0 
2 5n/8 n/8 
3n/4 n/4 
4 7n/8 3n/8 
n/2 n/2 
n/2 0 
7 n/2 0 
n/2 n/4 
9 n/2 0 
10 n/2 n/4 
where I is the image number, cjJ is the approximate angular 
orientation of said second waveplate, and ~ is the approxi-
mate angular orientation of said second polarizer. 
8. The method of claim 5, wherein said determining full 
residual stress components includes resolving system ambi-
guity of a principal stress orientation. 
9. The method of claim 8, wherein said resolving com-
prises calculating a principal stress orientation 8 and a phase 
retardation ll using the following formulae: 
o~atan 2[(!5-l3)sin 28+(l4-l6)cos 28,11-hl, 
where I 1 is a first of said multiple images, 12 is a second of said 
multiple images, 13 is a third of said multiple images, 14 is a 
fourth of said multiple images, Is is a fifth of said multiple 
images, and 16 is a sixth of said multiple images. 
10. The method of claim 8, wherein said resolving com-
prises calculating a principal stress orientation 8 and a phase 
retardation ll using the following formulae: 
1 -l(/4-/2) 8= -tan - , and 
4 /3 -Ii 
_1((/9 -h)sin28+ Us -/10)cos28) 6 =tan , 
/5 - 16 
where I 1 is a first of said multiple images, 12 is a second of said 
multiple images, 13 is a third of said multiple images, 14 is a 
fourth of said multiple images, Is is a fifth of said multiple 
images, 16 is a sixth of said multiple images, 17 is a seventh of 
said multiple images, 18 is a eighth of said multiple images, 19 
is a ninth of said multiple images, and 110 is a tenth of said 
multiple images. 
6. The method of claim 5, wherein said capturing includes 
capturing an image of said light after passing through the 
sample for each of the following second waveplate and sec-
ond polarizer orientations: 
11. The method of claim 5, wherein said determining full 
50 
residual stress components comprises: 
determining stress conditions at an edge of the sample; and 
determining stress conditions at internal portions of the 
sample by integrating inward from said edge. 
<I> 
0 
2 0 
0 
4 n/4 
n/2 
13 
n/4 
-n/4 
0 
n/4 
n/2 
55 
12. The method of claim 11, wherein said determining 
stress conditions at said edge of the sample comprises: 
calculating a shear stress in a plane of the sample; and 
calculating normal stresses based on said calculated shear 
stress. 
3n/4 3n/4 13. The method of claim 12; wherein said calculating a 
60 
shear stress includes using the following formula: 
where I is the image number, cjJ is the approximate angular 
orientation of said second waveplate, and ~ is the approxi-
mate angular orientation of said second polarizer. 
7. The method of claim 5, wherein said capturing includes 
capturing an image of said light after passing through the 65 
sample for each of the following second waveplate and sec-
ond polarizer orientations: 
where "txy is the calculated shear stress in an xy plane of the 
sample, 0 1 and 0 2 are two principal stresses, 8 is a principal 
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stress orientation, i:max is a maximum shear stress as mea-
sured by said polariscope, A is a wavelength of said light, 
C( cp,8) is an anisotropic stress-optic coefficient as a function 
of principal stress orientation and crystal grain orientation, 
and ll is a phase retardation. 
14. The method of claim 13, wherein said calculating nor-
mal stresses includes using the following formulae: 
I j arxy (cry). =(cry) - -8-dly, and j I I X 
where aY is a normal stress in a y direction, ax is a normal 
stress in an x direction, i is a first location along said edge, j is 
a final location along said edge, and both i:xy and i:yx are the 
calculated shear stress in said xy plane of the sample. 
10 
15 
15. The method of claim 4, wherein the method is non- 20 
destructive of the sample. 
16. The method of claim 4, wherein said providing a polari-
scope includes providing a polariscope configured to measure 
a sample having dimensions of at least 156 mm by 156 mm. 
* * * * * 
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